36                                      LECTURE V.
three circular arcs; let us call such an area a circular triangle (KreisbogendreiecK). The angles at the vertices of this triangle are XTT, PTT, VTT.
This, then, is the geometrical representation we have to take as our basis. In order to derive from it conclusions as to the nature of the transcendental functions defined by the differential equation, it will evidently be necessary to inquire what are the forms of such circular triangles in the most general case. For it is to be noticed that there is no restriction laid upon the values of the constants X, //,, v, so that the angles of our triangle are not necessarily acute, nor even convex; in other words, in the general case the vertices will be branch-points. The triangle itself is here to be regarded as something like an extensible and flexible membrane spread out between the circles forming the boundary.
I have investigated this question in a paper published in the Math. Annalen, Vol. 37.* It will be convenient to project the plane containing the circular triangle stereographically on a sphere. The question then is as to the most general form of spherical triangles, taking this term in a generalized meaning as denoting any triangle on the sphere bounded by the intersections of three planes with the sphere, whether the planes intersect at the centre or not.
This is really a question of elementary geometry; and it is interesting to notice how often in recent times higher research has led back to elementary problems not previously settled.
The result in the present case is that there are two, and only two, species of such generalized triangles. They are obtained from the so-called elementary triangle by two distinct
operations : (a) lateral, (b) polar attachment of a circle. >
* Ueber die Nidlstellen de.r hypergeometrischen Reihe, pp. 573-590.litatsverhaltnisse bei der einem beliebigen Geschlechte zugehorigen Normalcurve der <p, Vol. 42 (1893), PP* 1-29.                                                                                                                       f
